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GRAVITATIONAL WAVES
AND THE VALIDITY OF

GENERAL RELATIVITY

WASHINGTON UNIVERSITY GRAVITATION GROUP

e The Binary Pulsar
e Gravitational Waves to High Post-Newtonian Order

o Why?

o DIRE: Direct Integration of the Relaxed Einstein Equations
o Gravitational-wave Tests of General Relativity

o Polarization of Waves

o Tests of Radiation Damping

o Speed of Waves and a Bound on the Graviton Mass
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SIGNIFICANCE OF INSPIRALLING COMPACT BINARIES

e Promising source for LIGO/VIRGO detectors
o 3 - 100 per year to 200 Mpc, h =~ 1072
o possible correlation with gamma-ray bursts (2 NS)
e Motion and GW generation almost “pure” general relativity
o “Point” masses (tidal and quadrupole effects small )
» NS and BH can be treated the same (strong equivalence principle)
o Spin effects calculable
o Hydrodynamics only during coalescence
e Observations probe general relativity in new regimes
o Dynamical, strong-field GR
o Non-linear gravity important (e.g. tails)

o Coalescence may reveal information about NS equation of state (fi-

nite radius effects) or “smoking gun” for black holes (quasinormal
modes)
e Post-Newtonian methods applicable for most of inspiral

e 2 NS at 10 Hz: v2 =~ m/r ~ 5 x 1073
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BINALY COBLESCENCE,
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CHALLENGE TO THEORISTS

Matched filtering of data requires very accurate template

waveforms, especially for extracting parameters (O[(v/c)%]7)

. Theoretic&.ll Methods
o BDI Method (Blanchet, Damour, Iyer)
* Slow motion, PN app%oximatiozl in near zone
* Non-linearity, “post-Minkowskiian” expansion in far zone
* Match & analytic continuation to control divergences
x Far-zone results to 2.5PN order — 3.5PN order
e BH Perturbations (Tagoshi, Nakamura, Sasaki, Poisson, Tanaka . . .)
x Valid in limit m; <€ ms (n = mima/(m; +ms)? K 1)
* E through 5.5PN order [(v/c)'!]
o Extended Epstein-Wagoner Method (Will, Wiseman) ; )| % =3
* Formal integral solution of relaxed Einstein equation
= Iterate repeatedly
x New trick for integrating over far-zone light cone
* F‘ﬁr-zone results to 2PN order — 3.5PN order

o All three methods agree where they overlap
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THE RELAXED EINSTEIN EQUATIONS

Field Definition:

ha,@ — naﬁ . \/’_‘E‘gaﬁ

Harmonic Coordinate Condition:

dph*? =0

“Reduced” Field Equations:

0RO = —167(—g)T? — A°P(h) = 16777

c")ﬁr""@ = ()
Formal Solution:

af 4t !
hoP = /3—@&?—15(:’ —t+ |x - x'|)d*2’
¢ |x—x|

Divide into Inner (A = {|x/| < R}) and Outer (C — N = {|xX'| > R})

integrals, where R ~ A.
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Field point (t,x)
V4

,
Matter source
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FAR ZONE SOLUTION: NEAR ZONE INTEGRAL

r >R

op e (=T o™ 1o aBky.km
Ry (%) = 4 Z m! Ozkr ... Ozkm ?"‘M

m=0

MoBlrka.km = / R (N L .z dr
M

Radiative Fields: The Epstein-Wagoner Decomposition

Harmonic Identities (1%¢ g = 0):

el .t

1 o S 1 _
T = -5(700.33%3)‘00 + 2(TkU:r.J)),;c — = (r"x'2?)

o] =

riigh = Z(2r%C gk — 0% gigd) o + (r'aPzk — .-2-7“‘:1:“.%3),1

Multipole Expansion of Radiative Field:
2 < " ik
— Y N, - N I (u)

Epstein-Wagoner Moments:
Igw = 0z  d3z + IngRF

ik _0(i,.5) 0k 0k i.gN g3, ijk
M

gkl ij kg
.fgW:f riigkstdPa
M

TR 2 dm? . .
[k km . 2 gkt gkm Py
EW m! dim—2 M
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NEAR ZONE SOLUTION: NEAR ZONE INTEGRAL

r<R

o — ("_1 mam e / m— !
hN’S(t,x) :42 —~——mm? o MT Atz x — x| '
m=0 ’

Example to 3.5 PN order

00 / e
R0 :4f T—Md%’—ﬂ—/ 70(t, 2')d3a’
|x — x'| M

+ 2?_2“ "Do(t x’)[x—~x’]d3:ﬁ’— E_QE_-/ TOG(t :I?!)|X . xf|2d3:cf
8t2 M! ’ 38153 M '

1 0% 00 N3 3.1 19 00 / 1493, 1
Sl t 2 — S — 1 — d
PLZ [ - PP~ g [ - s

]. 66 I f i’
T 180010 /M rO0(t, 2) x - x'°ds
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~ 360317 MT (t,2)|x — x'|°d°2" + O(e’)
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CENTER OF MASS WORLD LINE

& FIELD POINT (t,x)
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THE OUTER LIGHT-CONE INTEGRAL
Change Variables:
=t —-r or t—u=r"+|x-X

Pyt ' Tgﬂ(t_u!)z
?“(U,Q)_'2(n;_xmt+u;)

,_o:ﬁ
heP (t, ) __4f du/ (w7, X)[r’(u’,ﬂ’)]2d2ﬂ’

t—u —
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RESULTS OF DIRE

Far Zone Field to 2PN Order (Wiseman & Will, 96)
h¥.(t,x) =R~ independent terms + 1/R terms

1912 'm ”
_ 27 WY (R
35 R ¢ W

Y dm [ Y ' s 11
ij — ()1 (4 — —_
he _ar(t,x) = = ](; ds QY (u—s) [hl (2R+ s) + 12]

4m o e (5)ijk |: 8 ) 97}

i AN | s

+3g" A ds Q7 u—9) |In{ 5775 )1 6o

16m (ke < > - s 7
22 ((ilka prk ds (B jali) (4 — 1 - Z
3R ¢ N/o s ‘g (u s)[n(zR 3)+6]

1912 m s
4 2222 W 0Y (W)R
t2 g @ W

* No R dependence

x Propagation along “true” null cones

o R dependence in tail integral gives circular orbit waveform phase
Yp=w{t—R-2mIn R - 2m[y + 1n(4we'11/12)]}

+ Outer integral also gives Christodoulou memory (Wiseman & Will 91)

% Energy flux and TT waveform agree with BDI and GI

e BIWW 2PN waveform now incorporated in GRASP: Gravitational Ra-
diation Analysis and Simulation Package (B. Allen), a software toolkit
publicly available. See

http://Www.ligo.caltech.edu/LIGO._web/Colla,boration/manual.pdf
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CANCELLATION OF BOUNDARY-DEPENDENT TERMS

x Through 3.5PN order for the near zone and 2PN order for the far zone,

we can decompose 7P outside the source into terms of the form

x For each (N, L):

R L afi+ _ —x' !
f TPt = X = Xh ) g0 (N, LYRY + bV, L)inR
M [x — x|

+ R — independent terms

« Using Maple, for each (NN, L):

~af . ! !
/ ot =k =x'1,2Y) s, o (N, LYRP - b(N, L)InR
C—
4+ R— independent terms
+ Cancellation valid for field points in far zone and in near zone

% At > 2PN order in the far zone, In7 terms arise (tails of tails) in TP,

These must be treated separately.
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THE STF MOMENTS TO 2PN ORDER
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